Theorem. Let D be a simply connected plane domain of finite area and t a point of D such that, for every function u harmonic in D and integrable over D, the mean value of u over the area of D equals u(t). Then D is a disc and t is its center. and hence that (4) f 'k(S, t)dí = A'Hß -t).
ON THE MEAN-VALUE PROPERTY OF HARMONIC FUNCTIONS BERNARD EPSTEIN
Theorem. Let D be a simply connected plane domain of finite area and t a point of D such that, for every function u harmonic in D and integrable over D, the mean value of u over the area of D equals u(t). Then D is a disc and t is its center. and hence that (4) f 'k(S, t)dí = A'Hß -t).
On the other hand, it is known that the function defined by the left side of (4) maps D onto a disc with center at the origin. (It is at this point in the argument that the simple connectivity of D is employed.) It is now evident from the right side of (4) that D is itself a disc, with center at t.
